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Prìblhma 1. PeÐte (me pl rh aitiolìghsh) poia apì ta parak�tw sÔnola pragmatik¸n arijm¸n eÐ-
nai arijm sima kai poia ìqi: (a) �rrhtoi arijmoÐ, (b)

⋃∞
n=1[n, n + 1

2 ], (g) to triadikì sÔnolo Cantor, (d){
m1/n : m, n = 1, 2, . . .

}
.

Prìblhma 2. (a) D¸ste ton orismì tou exwterikoÔ mètrou enìc sunìlou sto R.
(b) 'Estw A ⊆ R arijm simo sÔnolo. Qrhsimopoi¸ntac mìno ton orismì pou d¸sate sto (a) apodeÐxte ìti to
exwterikì mètro tou A eÐnai 0.

Prìblhma 3. (a) An h f eÐnai Lebesgue oloklhr¸simh sto (0, 1), apodeÐxte ìti

lim
n→+∞

∫
(0,1)

xnf(x) dx = 0.

(b) DeÐxte, epilègontac thn kat�llhlh sun�rthsh f , ìti to di�sthma (0, 1) sto (a) de mporeÐ na antikatastajeÐ
me to di�sthma (0, 2).

Prìblhma 4. 'Estw fn mh arnhtikèc metr simec sunart seic orismènec sto R kai tètoiec ¸ste∑
n

∫
R

fn <∞.

DeÐxte ìti h seir�
∑

n fn(x) sugklÐnei sqedìn pantoÔ sto R.

Prìblhma 5. Kataskeu�ste mia akoloujÐa metrhsÐmwn sunart sewn fn : [0, 1]→ [0, +∞) t.¸. na isqÔei∫
[0,1]

f2
n →∞,

∫
[0,1]

fn → 0.

DeÐxte epÐshc ìti de gÐnetai na sumbaÐnei to an�podo (olokl rwma twn tetrag¸nwn na phgaÐnei sto 0 all�
olokl rwma twn sunart sewn na phgaÐnei sto ∞).
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